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1 BRA=ARHEAR 1
1 BRA=ZARHATN
1.1 REMEAR
. 1 . :
sinacos = 3 [sin(a + ) + sin(a — 3)] (1.1.1)
. 1 . :
cosasin = 5 [sin(a + ) — sin(a — )] (1.1.2)
1
cosacos 3 = 3 [cos(a + B) + cos(a — )] (1.1.3)
. . 1
sinasinff = — 3 [cos(a + B) — cos(a — 3] (1.1.4)
1.2 MECERAN
sina + sin = 2sin “ ;— A cos = ; B (1.2.1)
sina — sin 3 = 2 cos e ;— B sin & ; B (1.2.2)
cos o + cos § = 2 cos atp cos = g B (1.2.3)
cosa — cos 3 = —2sin a ;— A sin = ; p (1.2.4)

1.3 73—tz

sin(a + )

COS (¢ - COS [ —_ L 2
ke R PERL
—89-48 @ sinx=X- ¢x*+0[x)
W) F58 Tk, sink = L2
sin?z + cos’ z = 1(;09&)( - )- 12—)?1*_ @iﬁ_u_f(l,'_gj.l)ﬁ%ﬁq

|
sec’z —tan?z = 1 .l ,% lbh + - (13.2)

tana + tan 8 =

cosh? 3:‘— sinh?z =1 Xs ( ‘+) (1.3.3)
Sk X— 2, +0
s mat M EAT 3 A

' b o
sitk= x -5 X+ OIX")
= %(1—(:0523:) '3)”1/‘ - ,_COSZX (1.4.1)

sin?

1
cos’ z = 5(1 + cos 2z)

[ Ve E
L VX &4+ Gr + o)
tan? x = m o 9]nlx: xl__?l’_xq'_‘, le‘b-) (1.:1.3)2-
T
sin:ersingcosg CD)_( lx) :)_COS )(“ | = l—Lgég K

osr — e 11— 9ein2F L o2t g2 ¥
cosT = 2cos 5 1=1-2sin 5 =cos” 5 —sin® o (1.4.5)
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L ("4 HX‘): X B
0 ' %ﬁ ke — |+ X +OLX)

(1.4.6)

+3 BA
L Y F5 LG
1.5 HAEAR > j" ﬁﬁlg 7)(

% ;dif(x_bz) 43 "ti"r'] ?}] LT Aﬁi

i % AT =Ty BaEKE “5”&'31*@-
/?-t X-2 . *’X t"l 1-u? §=>o0 =X 4% " ( ):t"

COsST = u2 Zx 2 15.2 b
yo o2 iq%\‘fﬁ.&ﬁ_ﬁ& B L e

ﬁ‘@‘m ‘j I A = |H+2X+ M

YA I—X*Xl
(€ TEzo Sa Zid): )
(Io)
f In)+ﬁ_ﬂ70 = IU)+ zo)? + -+ (z — o)™ + of(z — xo)"] :“>Z)1M°
?'?b% f( ) f( )+f ) W}%—fi d (o — 2)? + f(“)(IUJ AR 'fm —W—m Aa)
R K s ook [ ES (P SRR RS
HIE A5 R H A f

Losx:l——z +0(A )

1 1 1
I e =1+z+ = :r+ e +—z: +o(z™) - .
l}’k %Pzﬁ_i'ﬁu ) 6 o tan x—x+€ i |25 = +o(x' )
Jiﬂ%’r_og\ln(z—f-l) I—Ez +3:r - (1) E:r”—}-o(:c")

eoLp=———=m +0(x)
S n=2mH ¢|)3]+5‘| %4:
secx=1 ofx
S’nx 1% ln HO sinz = x — 1134- L o+ -+ (-1)™ ! ! 2™ 4 o(x*™) 2 +24x ’ ,( )
g 120" (@m=1)! S P x"+u(x")
%\” llfLH . X6 360
CosK: -+ COST = 1__13 +_I y - z?" ) urcqinx:r+£++0(r")
2 - P s
1 n Fhii L
tanx: 1\'2’3’m0 1 'tCl XE‘ i }b\ rﬂ NS S
tanx = :E+§I + 15 +3T T oz 1) MRS oy 6+0(x)
A B tan BIZHARILBTUAR 2B RSO 2B arctan x = x = +o(x")
arcsinr = :r:—l—é:r: +;0-r +- aﬂ(;b-)‘ dmcotr—ﬁz—x+ ‘+0(Jt)
nX
B P TAR L T A0 |_>E) 5 3 J x4 X X e 4 )\)

R= ‘ﬁ*%ﬁ TR’ﬁﬁZTf T = e et e o) = 17 291

- _ 2 L
_y! X3 X_ R I'X""‘Hx*)‘\” + x
inx x— - 5_; (lﬁ) —% '/— " +o(z")
) 3 . '
'Rl] afCCOS)(‘- 2 5" B —)-‘T "‘x:_zhlnla"’h”’(‘”n) - a;(/#’ T er n
l l ;' i=0 ( l a. )
mnx = x T"s'xs“' Tz'.,:xs L . - _Q_A-

=l+4+zha+ 57" +---+ . " + o(z") ﬂl (2.0.9)

arctanx= X - 3%3 n
TRy £y 3 g{mﬂan sinx )+ (arccosm =0
7 arctoty = 24t 2 rctank)’ +(arccotx)’=o
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4 REHERERPY RENEEAR 3

(cscx) = —cscz - tanz (3.0.8)
(€)' =0 (3.0.1) (a®) = (,!"c Ina (a>0,a#1) (3.0.9)
n?l\ - sin lx+ﬂ ") = pat (3.0.2) (log, z)" = 111 (a>0,a#1) (3.0.10)
sinz)’ = cosx (3.0.3) I _ 1
nm (arcsinz)’ = Wi (3.0.11)
COS x COS (x"’ & (fosz) = —sinx (3.0.4) , 1
) | (arccos )’ = — Wi (3.0.12)
(tanz) =sec’s = ——(3.0.5) l1—z

o j A (arctanz)’ = ! (3.0.13)

(cotx) = —csc®x - - _l_({[]h) 1+ a2 e

, sin- arccot o) — — L ,
(secx) =secz-tanzc (3.0.7) (arccot x)" = 1122 (3.0.14)

4 RYEFREADIRINERZAN
4.1 HRAMERITEAN

s E LR K = |9
17 SR AT A \j:‘tun‘( R 4 :al"Ctaﬂj
_ . s [ '3 |
| HRSFATIIN y — y(o) HHIRFER ' — = cOSFK =2 ——
¥ X = Jlo = © A= 1+ tawx
K = L | (4.1.1)
R T, -
0. BMABRITHME © = (1), y = (1) HHIRIER |7 tan I+
K = g0V @) W e), 12
[p'2(t) +v'2(t)]*?

3. IRBIRFTRAIATHIER y = y(z) AHIRFIAX
‘rg - 21'!2 —r.r”
K = — : 4.1.3
' (r2 +r'2)%* ( :

4. HHERAEXM B M (z, y) FIBRERHIL D(a, B) HI4EFR RN

B y’{l + y’z):a

0 =

y,rg (4.1.4)
B 1+y°
B= Y + yn
4.2 HHERVAREL
L # lim f(z) =b, WHK y = b AHhER f(z) MK EEL
2. 4 xh—filn f(z) = oo, MFK = = zo ALK f(x) WEEMLL
a= lim f(=)
3. % Jim [f(x) — (ax +b)] =0, Hrp e MFK y = az + b ML f(r) MFHEHELS
b= Ilglci[f{.r) — az|
5 EAXRDLRN
f kdz = ke + C (N80 (5.0.1)
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. L
dx = C -1 5.0.2
[ardo =m0 (ut ) (502)
1
/;dmzlnm +C (5.0.3)
d
/ T+ .2 +mx2 = arctanx + C (5.0.4)
& _ arcsing + Cr = c 5.0.5
ﬁ—arcsmer 1 = —arccosx + Co (5.0.5)
/sinxdm =—cosz+C (5.0.6)
/cosxdoc =sinz 4+ C (5.0.7)
/tanxdm: —In|cosz|+C (5.0.8)
/cot:cdx =In|sinz|+C (5.0.9)
1 1 1—cosz T
cscxdxr = de=-In|—— —I—C:ln’tanf‘+C:ln|cscx—cotx|+C’ (5.0.10)
sinx 2 1+ cosx 2
/secxdx—/ ! dat:}ln H—ﬂ +C =ln|secx +tanz| 4+ C (5.0.11)
cosx 2 1—sinx
/sec rdr =tanxz 4+ C (5.0.12)
/csc xdrx =—cotz+C (5.0.13)
/secz: tanzdx = secx + C (5.0.14)
/cscx cotzdr = —cscx +C (5.0.15)
/em dz=¢e"+C (5.0.16)
x = . .1
/a dz lna (5.0.17)
/smhx dz = coshz 4+ C (5.0.18)
/coshxda: =sinhz + C (5.0.19)
1
prppe] m2 = arctan — —|— C (5.0.20)
1 1 a+x
—— =—1 .0.21
/aQ—dex 5 | — +C (5.0.21)
L dr=arcsinZ +C 5.0.22
ﬁ I—aerll’la-f— ( )
1
———do=In|z+ Va2 £ a2|+C 5.0.23
/ Va2 +a? ( )

6 EAEMDHGE
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6.1 F—FTE 5

6.1

B—HEMITIE

6.1.1 =AXHZFRNFES

1.

— e, T sin? ! 2 cos™ x B sin™ 2 cos®* T & (HH k € N) BUIRREIIF Sy, B RIRIEDR: w = cosz B u = sinz
, MITISRISEER,

—A, T sin®* o cos? x B (b K1 € N) EHIES, BEAMBERAK sn® = (1 - cos20), cos” =
%+m%kﬁm%%ﬁﬁﬂﬁ%%%

—fH, XFTF tan” xsec® ¢ B tan?* ' asec™ 2z (HA n,k € Ny ) BRI, BAMKIRIEZ o« = tana BT
u=secx , MM RKIFLER;

6.1.2 BIEMDEER

L/ﬂmHWMx:%/fmx+®Mmﬁw)W#O) 6.1.1)
/f(axm+l +b)z"dx = _ / flaz™ " + b)d(az™ " + b) (6.1.2)
a(m+1)
% ()
/ﬂm@%mz/ﬂmmam@ (6.1.4)
/f(ew)ezdx = /f(ew)d(ez) (6.1.5)
dx
[ v e =2 [ rvmawe) (6.1.6)
/f(sinx) cosxd:c:/f(sinx)dsinx (6.1.7)
/f(cosa:) sinzdx = — /f(cosac)dcosx (6.1.8)
/f(tan z)sec’zdz = /f(tan z)dtanz (6.1.9)
/f(cotx)cchmdm: f/f(cotx)dcotx (6.1.10)
. 1 _ . .
/f(arcsm x)ﬁdx = /f(arcsm z)d arcsin (6.1.11)
/f(arctan x) 1 —1—1902 dz = /f(arctan z)d arctan z (6.1.12)
/]},((f))dx = / dff(g) =In|f(z)| +C (6.1.13)
6.2 HERMBIMD
6.2.1 DI
P x) _ A1 Az 4. Aa
Q) (@-a)"  (z-a)*! T —a
By Br ., B
(:vfb)ﬁ (mfb)ﬁ_l—’_ +13*b+
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Miz + N1 I Msx + No Myxx + Ny
(22 +pr+q)* (22 +pr+g*" 22 +pr+q
(6.2.1)
6.2.2 =AREHVFIRER
I, :/0 sin” x dx :/0 cos” xdx
]n = n= 1[n—2
n
n—1 n-—3 4 2 N >
— (M ARTFIWIERR), L =1
- (6.2.2)
n—1 n—3 3 1 « N " T
5 133 (njﬂIEﬁ%ﬁl)JoZE
7 ZITEREMS
7.1 RS
7.1.1 REEICE
AR = — f(z,y) TEKIK D RS
a a
£:fl(x7y)7 £:fy($,y)
A m S8 7 1E, BAMEARSFER 2 = f(z,y) B ZWMn S RN ZERSFRFARE, A0 AN =BRSS5
0 [0z 9%z 0 (0z 9%z
o (5) =5 = felaw) 55 (52) = gy = It
0 [0z 9%z 0 [0z 9%z
s (87/) = By0x = fya(2,9) oy (@) = 92 = fuy(2,y).

7.2 29
8 WHHRE (ZEDBEEXAFMIHNER)
8.1 MO HRMEAES

|E¥81 WA HROEN

— i, PR ARRIEEL, RAIEEH SRS B R MRSCRITRE, OO AR, HhRAE ) Bk S 80
W8, AR BRI, — it n T TR U

F(x7y7y/7"' 7y(n)) =0

EX 8.2 WMHHIROMRE
WL y = o(x) FEXE T BB n MHELLSE, WREXFE T HA:
F[l’, SO(ZE)7 ‘Pl(w)v Tty 30(n>(m)] = 07

IBLEE y = p(z) FRAMBER F(z,y,y, - ,y™) = 0 7EXia) 7 LERR FeRldh, RMo R SHEEHEC, B
ERE ARG Mo TR BUHHIR, XA S SRR iEAR.

LA ER R B AURH E AL, S BT IOk
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9 AINBEENMD H2 7

BERINE SEEREL, FTIEIEARE T 2 E M R MR — 2 MR, B DUON T 58 2 et s e Y)Y
AR, A E X e E B E. I EARAE BRSPS O, PR e X SR B 1. BIamig—Riid s 77 A2 FR AR AT R 2K
Ny =p(z), BEAHNZEN 2 =20,y = yo, TN ylsmsze = vo-

RIHFRATTE X, 7E LR A A48 2 I REAS H B IX LE B B S EFO WD E . VB S AFRRE T B AU E RE M AT AS
i F R AR

9 FAINBEENMDEE
AR E— M o = f(2,9)
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